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3.3.7 Let's go back to the case of the cocktail

Runs
_Orre d sUM OF SqUAare
}:’.
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D Jean-Marie Fiirbringer Modelling and design of experiments
These subtitles have been generated automatically I'm back to my case of cocktalil notes

and | just have put in red the position of the points.

summary
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Note : Matrices and arrays in Matlab

* Arrays are the fundamental data type used
to store collections of data in the form of
elements arranged in rows and columns

* Arrays can be one-dimensional (vectors) o i 4
two-dimensional {matrices), but MATLAB S
n g " S SONES
also supports multidimensional arrays
* Arrays can hold various types of data, such y
as numbers, strings, or even more comples 1 i i
objects | i i
i , %
*  Most operations in MATLAB are vectorized, : : :
meaning that they are applied element-wise .
to arrays, which makes computations with
arrays fast and efficient
= The function repmat{X, v./) create a new 1 2 a
array by repetition of X, v times vertically 2 1 2
and | times horizantally v " i
D Jean-Marie Fiirbringer Modelling and design of experiments
| see, | don't know if you see it, when | just see where are the points, | understand notes

it's not orthogonal. After this time, you will guess it's not orthogonal, but | already
see. So I'm able to have my model matrix for this case. You remember one column
for the constant, 111, the first and the second column corresponding to my factor x1
and x2. Be careful, I'm using x1, x2 for the factors and sometimes for the different
matrices. And here is the interaction, the column of the interaction, which is the
product of the second and third column of this matrix is how | built my model matrix.
So I'm interested to calculate the corrected sum of square. | understand that all this
I'm doing is for calculating a nanova, which is correct and orthogonalized things. So
I'm interesting to calculate my a0, the residue and my sum of square of a0 knowing
al, a2, a3. And so | have calculated my alias matrix, what | call a big a0 is the alias
matrix of the case when | have on one side the constant and the other side the rest
of my model. So in this case, my alias matrix is the raw matrix because | have one
coefficient in the first part of the model and three coefficients in the other part of the
model. And then that means that my corrected coefficient, the one | will use for
calculating my sum, my corrected sum of square, that will be a0 minus 10% of al
minus 16% of a2 and plus 43% of a12. And then | can calculate my sum of square
of the corrected coefficient. The corrected sum of square will be sum of square of a0
knowing al, a2, al2. So this would be obtained making the calculation. You see on
both part is the sum of square. So here's the

summary
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Note : Matrices and arrays in Matlab
* Arrays are the fundamental data type used

to store collections of data in the form of
elements arranged in rows and columns

* Arrays can be one-dimensional (vectors) o i
two-dimensional (matrces), but MATLAE
n g . Usomesi 3
also supports multidimensional arrays
* Arrays can hold various types of data, such y
as numbers, strings, or even more comples 1
objects 1
. & L] 1
* Most operations in MATLAE are vectorized,
meaning that they are applied element-wise .
to arrays, which makes computations with
arrays fast and efficient
= The function repmat{X, v./) create a new 1
array by repetition of X, v times vertically 2
and | times horizantally v
D Jean-Mawie Filirbringer Modelling and design of experiments

-]

square of coefficient. So xO multiplied by a0. So I'm reading here a0 plus big a0
multiplied by the vector al and 2. And like that, we can also do the other calculation.
And after we can have a0, al calculating a2. Okay, | will not finish reading all this.
You understand how it works. So it's an application of the alias. Thanks. Some
years | go through this very rapidly and the impression that you cannot understand.
And now | explain everything in detail. | don't know. I'm not sure it's so
understandable. So very sorry. Just wanted to make the case complete. And you
understand that it's where things are coming on and how we can calculate. Again,
it's not the most critical part of my course. And | present to you a few elements of
MATLAB that are useful for taking a full advantage

notes

summary
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Note : cell array

= Cell arrays are a type of btk
data structure that allows
you to store elements L'l'r
varying types and sizes
= Unlike regular arrays, a cell . )
array can hold different STigea, KTHck", L1, "ATHS , Libe
types of data in each of
its cells.
P Each element in a cell array
i5 accessed using curly
braces { } to retrieve the
actual content inside the
call

Dv Jean-Mawie Filirbringer Modelling and design of experiments

of a routine, which is called fitLM, which will be the fit routine, the main fit routine we notes
will use. So in MATLAB, you have matrices of arrays. So | can pass rapidly these
slides. If you make a little bit of MATLAB, you understand you have the same
concept in Python. So it's OK. So here you have a few explanations. There are
perhaps one function in the related to the arrays which is interested. This is function
repMat that lets you copy a matrix horizontally and vertically, a number of times or
make a sort of mosaic. And it's very useful because when we are playing with
replicates of experiments, so we need to replicate the matrix of essay or the matrix
of the model. So it's necessary. So remember repMat, write it somewhere for
remembering because it's a very useful function. So this is very typical data that we
use in MATLAB.

summary
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Note : Table in Matlab

Mam={ i i i
E=[8.72E11;8.17E11;1.00E11;2.20EL11] ;
myn [, 3472 .45 . 34+ . 38]:
* A table i5 a data type symbole={ i
specifically designed to store )
TetablelE, mu, Symbole, JHomj;
and organize heterogensous
data, where each column
can hold a different type E au Symbele
of data (&.g., numerical,
text, of categoncal) AL L nd ] 8. 34 &
Plaab 1. Tesll @45 Pl
Culvre lesll . 34 i
Fir 2. deell B.3
D Jean-Marie Fiirbringer Modelling and design of experiments
OK, so another interesting classes is cell array. So it lets you make a collection of notes

objects interesting in the cell array. Then you can put together elements that are
different. So you can have string, you can have a matrix, you can have matrix of
different arrays of different dimension, and you can get them in one place. So very
useful. So | mainly use the cell arrays for playing with the label ticks and also seeing
this very useful for defining variable, having the correct name of your variables, etc.
You see a small example where | put it. And when you use the algorithm, the
function of MATLAB for text, you understand Latinx. So typically you see here for
the alpha zero, backslash alpha underscore zero, it's make a beautiful alpha zero
you see here in the... OK, so some tricks about MATLAB.

summary
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Note : Linear model in Matlab

Linearmodel is an object created by
routines such as fitlm or stepwiselm and
with the {Ullﬂ'.‘.n'i11g content

> experimental data,
» model description,
statistics for a [Jidglmb'.in,

estimated coefficients,

Yy v

residuals.

The object can be reused to predict the
responses of the model with the methods

predict and feva
D Jean-Marie Fiirbringer Modelling and design of experiments
Something that | find also very interesting, | think already presented in the first notes

chapter, but it's the tables, the interest of table that you keep the name of each
column and very be careful with your matrices, with your arrays, because
sometimes you don't remember which column was what and you have trouble with
that. Also, the interest of table that you really | recommend you to use table. It's
when you can, it's really a very interesting element.

summary
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Note : Linear model in Matlab

Linearmodel is an object created by
routines such as fitlm or stepwiselm and
with the '|'|;_1||1'_:|l.'u'inl:1r content

> experimental data,

» maodel description,

* statistics for a I;Ji.dglms.',il:,
* estimated coefficients, »
* residuals.

The object can be reused to predict the
responses of the model with the methods

predict and feval
D Jean-Marie Fiirbringer Modelling and design of experiments
OK, and you have another type of classes which you know interest is linear models. notes

So linear models are produced by routines like fitLM, the routine we will see and
other type of routine of fit. And it's very useful because it makes all the calculation
about the fit and after you have as a small database and you can use it. So you will
have your experimental data, the model descriptions, the statistic and the diagnosis,
you have the coefficient and you have the residual. So it's a way it's worked with
MATLAB. You make a fit, you keep all your data and after you exploit your data for
making the graphic, making the analysis and understanding what's what you have
done. And you can reuse those type of model for calculating the ANOVA table, for

summary
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3.3.8 Routines fitIm and stepwiselm

Thess MATLAB functions return a linear regression moadel fit to variables in the table
or dataset array.

Matlab
. ’
S Xy .

*  mdl=fitlm b ~ T F _— i "'.. 1
mdi=Ftim{tbl, modelspec) L | {_/ :-._.) i
mdi=fitlm{x,¥) - | - - | d,

. Py - = \ el Fall -
madl=fitim{x, v, modelspec) Sl = — |
mdi=fitimy..., Name, Value) Y \ "'.__::' -1 Cl

> md m(thl snec) 1o ' {
mdl=stepwiselm(thl, modelspec) =
mdl=stepwiseim|x, y. modelispec ] "'l’.:r' (':__/ D{_.:I
mdl=stepwiselm(,.. Name Value) Y |

These routines can be fed by tables or arrays
D Jean-Marie Fiirbringer Modelling and design of experiments
calculating, evaluate your data point where you want with function like predict and F notes

able. OK, so all this is for presenting you the routine fitLM, LM for linear model fit a
linear model and you have a function, a brother function, which is stepwise LM,
which quite do the same thing, but step by step and you can put condition and the
acceptability of your coefficient. So you can use it in different way. You can just
submit or fit the function with a table and usually consider the last column as your
answer. Everything that comes first as your model, your matrix of essay, your
model, your matrix of experiment and the last one as the answer, the responses. If
it's not the case, you can indicate you have also the possibility to tell which one is
your data. So look in the help, you see a few details. Don't change your table. If you
already have your table for the routine, you have a way also to tell which columns
are what. So you can, if you do that, if you use just fitLM with just the data, the
model, induced model is a linear model, just the constant and the main effect. You
can also have a specification of the model and you have two ways of specify a
model. To specify a model, you can have keywords like linear, interaction. | never
know which one is with S and not S because MATLAB use the keyword interaction
and sometimes the keyword interactions. | believe that in, and this one is with S and
with X2FX is without an S. And you can also have model matrix, specification
matrix, but you have a question? Yes. So the question was what means interaction
for fitLM? It means linear plus interaction, but it's give you the interactions two by
two. It doesn't go more away. So the specification

summary
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3.3.8 Routines fitIm and stepwiselm

Thess MATLAB functions return a linear regression moadel fit to variables in the table
or dataset array.

Matlab
. ’
— -’ =3 \

*  mdl=fitlm b ~ T F _— i "'.. 1
mdi=Ftim{tbl, modelspec) L | {_/ :-._.) i
mdl=fitlm{x,y} - | 1 —~ | d C
mdi=fitlm{x,y.modelspec) Sl = < |
mdi=fitimy..., Name, Value) Y \ "'.__::' -1 Cl

> md m(thl snec) 1o ' {
mdl=stepwiselm(thl, modelspec) =
mdl=stepwiseim|x, y. modelispec ] "'l’.:r' A D{_.:I
mdl=stepwiselm(,.. Name Value) Y |

These routines can be fed by tables or arrays
D Jean-Marie Fiirbringer Modelling and design of experiments
matrix could be, so for this, you can make, you can set a matrix called spec and it notes

have as many columns as you have factors. So let's say you have X1 and X2. And
after you indicate for each coefficient that you want in your model, you write
something. So if you want the coefficient AO, so you indicate zero and zero because
X1 is not implied in A0 and X2 is not implied in AO. If you want the coefficient A1,
you write one zero. And if you want the coefficient A2, you write zero two because
zero one. If you want, for example, so this was in two, if you want the quadratic A11,
you write two zero. So this would be the square coefficient for A1. And if you want
the interaction, you write one one. Like that, you can build all the possible linear
model and you will

summary
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3.3.9 fitim( ) output

Linear regression model:
R~ 1 + Varl=sVar2?

Estimated Coefficients:

Estimate SE t5tat pValue
{Intercept) 97.643 3.4385 28.397 8,1511e-86
Varl 52.5 4,5959 11.423 B.0Ra33506
Vard 41.297 4.4527 9.2748 B.0087T5164
Varl:Var §1.214 4.7279 Y 17.178 6.T382e-85

Number of observations: 8, Error degrees of freedom: 4
Root Mean Squared Error: 7.39

R-squared: 9.997, Adjusted R-5quared ©.994

F-statistic vs. comstant model: 388, p-value = 2.29e-85

D Jean-Marie Fiirbringer Modelling and design of experiments

feed spec here at the place of keywords, linear, quadratic, etc. You can also fit the notes
model with matrices with arrays. So you feed first with the matrix of essay. You don't
give the matrix of the model. You write itself the matrix of the model. And why is
your answer model spec the same thing? And after you can look in the help, you
have a few elements that you can instruct. You can give an instruction to your
algorithm, which is the names of your variables, the name of your output, and a few
other elements that you can put. Stepwise work quite the same. And you can also
indicate to stepwise your thresholds for accepting and introducing factors. Typically
it's 5%, by default it's 5%, but you can change that and have. The interests of
stepwise that you can give a very, very complex model and it will eliminate the
coefficient one after the other that are not useful, that are not significant. This is the
output of Fittelheim. He first tells you what he has fit. So | will make a slide on this
explanation. This is the Wilkinson notation. So how he tells you that he was trying to
fit R as a result. It was the name of the output variable. And he was trying to fit it
with a constant for the one. And he tells you here that he, VAR1, multiplying or two
star, VAR2, he tells you that they have considered the main effect of each one, and
the interaction. We will see that in detail. But each time the algorithm tells you what
you have fit as model. And after it gives you the estimate of the coefficient. So what
he called intercept is a zero. And it gives you the main effect for the first variable,
the second variable, and the interactions. So the element of interaction is VAR1,

summary
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3.3.9 fitim( ) output

Linear regression model:
R~ 1 + Varl=sVar2?

Estimated Coefficients:

Estimate SE t5tat pValue
{Intercept) 97.643 3.4385 28.397 8,1511e-86
Varl 52.5 4,5959 11.423 B.0Ra33506
Vard 41.297 4.4527 9.2748 B.0087T5164
Varl:Var §1.214 4.7279 Y 17.178 6.T382e-85

Number of observations: 8, Error degrees of freedom: 4
Root Mean Squared Error: 7.39

R-squared: 9.997, Adjusted R-5quared ©.994

F-statistic vs. comstant model: 388, p-value = 2.29e-85

D Jean-Marie Fiirbringer Modelling and design of experiments

two dots, semicolumns, and VAR?2. If we would have fed the names of the variable notes
in the algorithm, it would have put there the name you have put. After it gives you a
standard error of the coefficient. So it's very interesting because it's led to evaluate
very rapidly if the coefficient plus minus is standard error is okay or is a zero. So we
see that we have 9750 to 4181 plus minus something as four points something. So
it seems that it's okay. So the result of the fit in this case seems to be quite okay.
After it gives you the student statistics. You can understand what is a student
statistic, but what | propose you jump to the p values. So in the p values, it's give
you the probability that's what you have. Fet is distinct from the noise. So it's in fact
the probability that if you accept this coefficient, you are making an error. So you
see in this case, we are quite happy. They are all very small.

summary
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3.3.10 Wilkinson’s notation

Wilkinson notation is a concise way 1o specify the terms in a linear model. It describes
the relationships between predictors (independent variables) and a response
(dependent variable) without explicitly stating the coefficients of the model

Example : ¥ ~ 1 4+ X; = X3 represents the model v = a, + ayxy + agxg + aypa xp

Termse of the model Wilkinson s notation

intercept a, 1

sans intercept -1
al X'I
ay, az X1+ X2
ay, a3, d13 X1wX2ou X1+ X24+X1:X2
ayz X1: X2
o], @11 J'ﬂ .

| an [ X12 — X1

D Jean-Marie Fiirbringer Modelling and design of experiments
We have nine ppm, a percent per million because 10 power minus six is a ppm. So notes

the probability to be wrong, accepting the constant is quite small. We have
something as | don't know, three 10,000s for the first coefficient, seven 10,000s for
the second variable and something as 67 ppm for the last. So the value of the p
value of the different coefficient of my model are quite okay. They are smaller than
five percent. Okay. So when you analyze that, the first thing that you have to check
the value of the estimates, after you can check the standard error to see if your
estimates are quite okay. And after you can look the p values and see if the values
are acceptable. And as | mentioned, the standard thresholds for the p value is five
percent, which is not very good. It's just acceptable. Usually you like to have
something a lot smaller than five percent. But it depends also what you are doing. If
you have a lot of noise or not a lot of noise. After you can check this part of the
answer. So you see that here you can remember you that you have eight
observations and you are estimating four coefficients. So you have four degrees of
freedom for your error. It could be interesting to remember the root mean square
error. So it's something comparable to the experimental error. The s square, | don't
find it usually so much interesting. It's not a statistic. | appreciate a lot. But
nevertheless, we say here that we are explaining 99 percent of the sum of square.
We have a model which is very close to my measurement. But is more interested is
the adjusted s square. 99 percent two, because here we can compare model with
more or less coefficient. So the adjusted s square is really interested for comparing
models

summary
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3.3.10 Wilkinson’s notation

Wilkinson notation is a concise way 1o specify the terms in a linear model. It describes
the relationships between predictors (independent variables) and a response
(dependent variable) without explicitly stating the coefficients of the model

Example : ¥ ~ 1 4+ X; = X3 represents the model v = a, + ayxy + agxg + aypa xp

Termse of the model Wilkinson s notation

intercept a, 1

sans intercept -1
al X'I
ay, az X1+ X2
ay, a3, d13 X1wX2ou X1+ X24+X1:X2
ayz X1:X2
o], @11 J'ﬂ 4

| an [ X12 — X1
D Jean-Marie Fiirbringer Modelling and design of experiments
of the same on the same data, which do not have the same numbers of coefficient. notes

You cannot compare just pure s square. You have to compare adjusted s square
because evidently more you have coefficient, smaller is the residual all the time. But
it doesn't mean that all the new coefficients you introduce in your model are really
explaining a lot and that they are bigger than the residual. And after you have a p
value for your model as a whole. So you see here that our model is quite OK is 22
ppm. It's quite a good model. So the evaluation here would be to say we have quite
a good model and all the coefficients that we have considered are significant. OK,
so this is the output. Understand that here all the test is based on student test.
When we make a hanova is based on Fisher test. They are not the same, but the
results are usually one to digit very close. It's never in contradiction. But the test for
this is a student test trying to prove that our coefficients are different from the noise.

summary
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3.3.11 Methods for linear model objects

Matlab offers several methods to be used with linearmodel I;JI,J_iL'{[‘_-\.

Matlab

anovalmdl)
coefCl{mdl)
coefTest{mdl), coefTest{mdl H,C)

plot | ml )

|

-

-

|

» plotAdded(mdl coet )

> plotDiagnostics(mdl, plottype)
> plotResidualsmdl)
* plotEffects{mdl)

|

yp.r::q?' = predict fr?ifj'.',.x.'rL".tf._:

D Jean-Marie Fiirbringer Modelling and design of experiments

After | wanted to present this Wilkinson notation, some algorithm accept also this as notes
a definition. So in the Wilkinson notation, we try to present this linear model as in
the most simple way. So it's usually an output which is following this tilde is for
saying following and we present the linear model. So one indicates that you have a
constant minus one means that you don't have the constant. So when you put
something that you indicate that you wanted in the model, when you put the
negative sign, you indicate that you don't want it in the model. After if you want the
linear model of the first factor, you put x1. If you want also the second factor, you
put plus x2 plus x3 plus x4 for expressing that you want to integrate which factors
you want to integrate in your model. After you can indicate the you can use the star
sign for saying that you want the interaction and the main effects or you can indicate
individually what you want and that you want also the interaction. So when you
make semicolons, you indicate that you want the interaction by itself. When you put
the multiplication, you indicate that you want also the main effect. And so you don't
need to write x1 and x2. So it's a shorter notation. X1 multiplied by star x2 is
equivalence to the notation x1 plus x2 plus x1 semicolonsx2. And if you just want to
indicate some interactions so x1 semicolonsx2 indicates some instructions. So x1,
semicolon x2, so you can select the different instructions that you want. If you want
guadratic terms, you indicate that x1 square. In this case, you have automatically
also the main effect. If you don't want the main effect, you have to write x1 square
minus x1 for telling that you just want the quadratic terms. Wilkinson notation, |
never did

summary
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3.3.11 Methods for linear model objects

Matlab offers several methods to be used with linearmodel I;JI,J_iL'{[‘_-\.
Matlab

anovalmdl)
coefCl{mdl)
coefTest{mdl), coefTest{mdl H,C)

plot | ml )

|

-

-

|

» plotAdded(mdl coet )

> plotDiagnostics(mdl, plottype)
> plotResidualsmdl)
* plotEffects{mdl)

|

yp.r::q?' = predict fr?ifj'.',.x.'rL".tf._:

D Jean-Marie Fiirbringer Modelling and design of experiments

it, but you can also feed ptlm with this, but | never do it. | prefer my matrix of the notes
model. | find it a lot more easy, but you can also do that. The last MATLAB is all the
same answer. So | don't know in Python, in R, what is it? Eventually, you have one
or the other notation with this fit Im. We have what we call method. So when you
have a model, you can explode the model with the model that you have obtained.
So you can calculate the ANOVA table. In this case, we will perform a Fisher test.
You can calculate the interval confidence of the coefficient with cofce. You can
calculate the test. So understand that the p-value is testing that your coefficient is
different from zero, that your coefficient is different from the noise. If you want to test
the real value, you need to add a new test. So you do that with cof test. Eventually,
you obtain as estimate 2.1 and you say, okay, | want to consider 2 because it is your
model. You would like to test what is the probability that this value 2 is interesting.
Most of people don't do it, but

summary
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for linear model objects

wethods to be used with lnearmade! uhjmt*;.

Test(mdl,H,C)

., plottype)

[ :'.’r;'g'.'.-j
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1. Signif

= C

> A

usually we should do it to make correct statistics. You can plot a model. Usually, it
makes you plot very interesting the data against your estimate and you see if it's
linear. Plot added, it's also very interesting. It lets you check factor after factor.
What's each factor is adding to the model for testing when you want to consider or
not. Diagnostics is for checking the residue. Residual is also doing quite the same.
You can plot effects and you can make predictions. So | really don't want to enter in
the L but take time and | will precise but | have one file where | have used all this
function and | see you or you can use it. | recognize that the help of MATLAB is
useful most of the case but sometimes it's quite complicated. But don't hesitate. It's
a trick. Don't hesitate to use something as chat GPT you ask. Explain me this
routine or usually it gives you a comprehensive explanation on elements that
perhaps

notes
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3. Homoscedasticity and Leverage & Intluence

» Homoscedasticity (Constant Variance) :
® Residuals should have constant variance across the range of

predictors.
® Breusch-Pagan test can formally check for heteroscedasticity.

> Leverage and Influence :
> Use leverage statistics to detect points with large influence on
the model
* Cook's distance can help identify outliers that may
disproportionately affect the model.

Dr Jean-Marie Fiirbringer Modelling and design of experiments

is not so easy. After you have a few slides explaining step by step what is those notes
things. Check the p-value. | already explained you in the SRI Matucan, the adjuctor,
the square. Those slides are just for stabilizing what | have tell you already. After
normally when you make a fit you have to check what we call the almost-cadasticity.
Normally the hypothesis of the linear fit is that our data has the same variance in all
the domains. So usually | really make usually because most of people don't do it but
we should check the residue and check that the residue is normally distributed. This
is our usually statistician analyzed linear fit. If the residue is not normally distributed
it puts some question on your fit and usually you should try to find transformation of
your data so that you transform your data in a data where the error is
almost-cadastic. That means that almost-cadasticity is the variance. It's also
almost-cadasticity. Meaning that the variance is always in your domain the same. If
it's not the case it's heteroscedasticity. There are also something you can and you
have to check especially when your design is not regular, it's not a good design that
you do not have one experiment which is influencing too much. What you would like
is to have an estimate that was influenced quite equally by all your data. If you have
and we call that leverage, if you would like to estimate a linear fit and you have a lot
of data in one point and just one in another position, these new points have a big
leverage because the value of these new points is making all the slope of your line.
It's something you want to avoid. It's evident when you have one dimension, when
you have more than one dimension it could be quite complicated to check just
graphically. It's

summary
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3. Homoscedasticity and Leverage & Intluence

» Homoscedasticity (Constant Variance) :
® Residuals should have constant variance across the range of
predictors.
® Breusch-Pagan test can formally check for heteroscedasticity.

> Leverage and Influence :
> Use leverage statistics to detect points with large influence on
the model
* Cook's distance can help identify outliers that may
disproportionately affect the model.

Dr Jean-Marie Fiirbringer Modelling and design of experiments

what we call the check of the leverage. For that we have something that we call notes
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3.3.12 Diagnostic of a LSF

Dr Jean-Marie Fiirbringer Modelling and design of experiments

the cook distance of the points and you can check the cook distance. | don't want to
spend too much time. For me it's not design of experiments, it's your cue statistic.
But if you have tricky data, be careful with those things and spend a little bit more
time about those concepts. It's just for avoiding that you have one or two points
determining quite all the slope in your model which would be quite dangerous. It's
okay, you can make a fit but after

notes
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3.3.13 candexch routine

The candexch() function in MATLAB is used to generate optimal experimental
designs. It is commonly used when working with a set of candidate points to select the
most informative subset for fitting a model

It selects a subset of points from a candidate set that maximizes the D-optimality

criterion, ensuring the most information is gained from the least number of
experimental runs. By exchanging points iteratively, it refines the design to provide a
robust and efhcient design for fitting statistical models

Matlab

F  list=candexch( X, nrows)

® This routine candidate exchange allows the selection of the best mrows of a
model matrix in the D-optimal perspective,

® The standard routine proposes duplicated points,

Dr Jean-Marie Fiirbringer Modelling and design of experiments

check the quality of your foot. Here you have a sort of diagnosis on the linear fit. It's notes
just repeating the different things | have already said but it's an image you can keep
on your side in your bed. Every night you can check what is a good fit and what you
have to check when you make least square feet. Yeah, probably in most of the case
your linear feet are good. Be careful with the tricky situation. Be aware of what you
have to check. I'm not doing it so I'm not obliging to do it also. | don't check all the
time everything but be careful what could be the tricky aspect of the linear feet and
don't fall because referees in your papers could be quite harsh if you present linear
feet with some problem. When you are refereeing it could be also nice to check one
of

summary
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3.3.14 Summary : ANOVA in DOE

* Purpose of ANOWVA :

* Decomposes total vaniance into components (Model and RHesidual ).
* Tests the significance of factor effects and interactions

* Key Concepts :

* Sum of Squares (55) : Measures variability attributed to factors
* Mean Squares (MS) : 55 divided by degrees of freedom [DF)

* F-statistic : Ratio of M5 for model terms to MS for residuals.

* p-values : Indicates significance of factors

* Model Interpretation :

F Significant terms (p-value < 0.05) indicate meaningful effects.
* BMain effects and interactions are analvzed through ANOVA tables

* Common Applications :

* Factorial experiments : Assess main effects and interactions
* Response surface methodology : Investigate curvature and optimization

Dr Jean-Marie Firbringer Modelling and design of experiments

those things just to be sure that you are not in a very bad situation. There are a final notes
routine interesting could have been useful for the last exercise but now you know
that a routine is doing what you have tried to do for the last exercise. Candex or
candidate exchange. It's a very interesting routine. You can fit this routine with all
your possible experiments and say okay here you have my 20 experiments. | just
need 10. Select me the 10 best experiments. So it's very interesting routine. And
here you have then a summary of my chapter and so after the holiday we will start
looking at the designs a very interesting design. So in this chapter we have talked a
lot about ANOVA. It was the objects the principal objects what we check after we've
made measurement and how do we check a linear fit. So we need to decompose
the models in different layers that interest me for qualifying that and we need these
layers are orthogonal between them for saying something. And we have talked
about the different tests. The last point is more related to the future. So we will see
what is the implication for on this was the what we call the factorial experiment. We
will spend one week perhaps even two weeks looking at the different factorial
experiments and the family of the factorial experiment when we make
measurements at the corner of your domain and after we will see a few standard
design with what we call response surface. We will travel for making the best
surface in multi-dimension and | will show you a few designs that are very very
interesting for doing that. For investigating the curvature of your model and also to
see where you have your minimum and your maximum. Okay this was my last slide
for today.
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